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Abstract: SliceLine is a model debugging technique for finding the top-K worst slices (in terms of
conjunctions of attributes) where a trained machine learning (ML) model performs significantly worse
than on average. In contrast to other slice finding techniques, our prior work SliceLine introduced
an intuitive scoring function, effective pruning strategies, and fast linear-algebra-based evaluation
strategies. Together, SliceLine is able to find the exact top-K worst slices in the full lattice of possible
conjunctions of attributes in reasonable time. Recently, we observe a major trend towards iterative
algorithms that incrementally update the dataset (e.g., selecting samples, augmenting with new
instances) and ML model. Fully computing SliceLine from scratch for every update is, however,
unnecessarily wasteful. In this paper, we introduce an incremental problem formulation of SliceLine,
new pruning strategies that leverage state of previous slice finding runs on a modified dataset, and
an extended linear-algebra-based enumeration algorithm. Our experiments show that incremental
SliceLine yields robust runtime improvements of up to an order of magnitude faster than full SliceLine,
while still allowing effective parallelization in local, distributed, and federated environments.
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Incremental Maintenance

1 Introduction

Machine learning (ML) models are increasingly deployed in data-driven applications of
various domains such as science, transportation, finance, energy, earth-observation, and
health-care [Bo20, SB21]. Crucial steps for ensuring reliable predictions are input data
validation [Po17, Sc18], data provenance and lineage tracing [CCT09, PRB21], data
cleaning [Ne21, SKB23], ML model debugging [Ch19, Ch20, SB21], and explanations and
fairness [Ge14, SSW19, NKP20, Zh21]. Especially model debugging can help in finding
silent but severe problems of the deployed ML models.

Slice Finding: Slice finding [Ch19] is a very effective model debugging technique which
seeks to find the top-K worst slices (i.e., conjunctions of attributes like {venue=BTW AND
location=Bamberg}), where a trained ML model substantially under-performs. These slices
or sub-groups can then be scrutinized and improved through additional data acquisition,
rules, or specialized models [FBL11, Hi23]. Existing work includes explanation tables
[Ge14] for data summarization, the original Slice Finder [Ch19, Ch20], and SliceTuner
[TW21] for goal-oriented data acquisition. More general work on identifying insufficient
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data coverage [AJJ19, Li20, Ji20] share several enumeration principles. In contrast to other
slice finding techniques, our SliceLine [SB21] approach introduced an intuitive scoring
function, effective pruning strategies, and fast linear-algebra-based evaluation strategies.
However, all existing work perform slice finding once from scratch for a given dataset.

Data-centric ML Pipelines: Over the last couple of years we have seen a clear development
towards data-centric ML pipelines. The premise of data-centric ML is that creating high-
quality datasets with good coverage of the target domain is often more important for model
utility than devising new ML algorithms and neural architectures. Accordingly, data-centric
ML pipelines extend traditional ML pipelines—of feature engineering, hyper-parameter
tuning, and model training—by additional outer loops for data engineering such as data
validation, data cleaning, and data augmentation. The same characteristic can be observed
for large language models (LLMs), where new state-of-the-art, pretrained models mostly
keep the transformer architecture constant and innovate on scaling and differently composing
the training data [Br20, An23]. In the context of data-centric ML, there is another major
trend towards goal-oriented data discovery in data lakes [NAJ21, LYK21, Ch22] as well as
learned sampling and augmentation [Wa18, Cu19, Ki23]. Many of these new techniques
are iterative and thus, require repeated model training and model debugging.

Example 1 (Distribution Tailoring) A representative example of iterative model debug-
ging is data distribution tailoring for ML in Plutus [Ch24]. In this demo, we combined
(1) existing data acquisition techniques to enrich the training dataset under some desired
distribution requirements, with (2) SliceLine for obtaining slices that would benefit from
additional training examples. Iteratively exploring such refinements requires repeated model
re-training and slice finding. Since model re-training can simply perform warm-starting
(start from the old model and fine-tune this model with the new data), repeatedly running
SliceLine from scratch became the new major bottleneck.

Contributions: Our primary contribution is making a case for incremental slice finding
and introducing a first incremental SliceLine algorithm that solves this new problem. Our
detailed technical contributions are:

• Problem Formulation: We extend the SliceLine problem formulation for incremental
slice finding (see Section 2).

• Incremental SliceLine: As a basis for incremental SliceLine, we then devise new
min-support and score pruning strategies (see Section 3), and integrate state collection
and pruning into the SliceLine algorithm (see Section 4). Intuitively, we exploit the
knowledge about the sizes, errors, and scores of previously enumerated and (almost)
unchanged slices as well as the previous top-K slices.

• Experiments: Finally, we share the results of an extensive experimental evaluation of
micro benchmarks and end-to-end iterative dataset refinement (see Section 5). The full
reproducibility package is available at https://github.com/damslab/reproducibility/
tree/master/btw2025-incsliceline-p111.

https://github.com/damslab/reproducibility/tree/master/btw2025-incsliceline-p111
https://github.com/damslab/reproducibility/tree/master/btw2025-incsliceline-p111


2 Background and Problem Formulation

As a basis for incremental SliceLine, we first summarize the SliceLine problem, and then
introduce an extended problem formulation for incremental slice finding.

2.1 SliceLine

For the sake of a self-contained presentation, in the following, we briefly summarize the
SliceLine [SB21] notation, scoring function, optimization objective, and algorithm sketch.
The original SliceLine is implemented as a built-in function in Apache SystemDS3 [Bo20]
but meanwhile there also exists an independent Python library4 by other authors.

Notation: Let X be an 𝑛 × 𝑚 input feature matrix with recoded and binned (i.e., integer)
features {𝐹1, 𝐹2, . . . , 𝐹𝑚} and y be a continuous or categorical 𝑛×1 label vector. Every feature
𝐹𝑗 has a number of distinct values (domain) 𝑑 𝑗 . We then train an arbitrary classification
or regression model M on Xtrain and ytrain. Applying M on X (train or test) yields the
predictions ŷ and errors e = err(y, ŷ). Common error functions err() are (in-)accuracy
e = (y ≠ ŷ) for classification and squared loss e = (y − ŷ)2 for regression. Finally, a data
slice 𝑆 is defined as conjunctions of equivalence predicates 𝐹𝑗 = 𝑣 with 𝑣 ∈ 𝑑 𝑗 and thus, a
subset of rows of 𝑆 ⊆ X of size |𝑆 |. We further define es as a vector of slice tuple errors,
𝑠𝑒 = Σ

|𝑆 |
𝑖=1es𝑖 as the total error of a slice, 𝑠𝑚 = max |𝑆 |

𝑖=1 es𝑖 as the maximum tuple error of a
slice, and 𝑠𝑒 = 𝑠𝑒/|𝑆 | as the average slice error.

Scoring Function: In order to balance slice sizes and errors, we further use the following
scoring function for ranking slices (with 𝛼 ∈ (0, 1] as a weighing parameter):

𝑠𝑐 = 𝛼

(
𝑠𝑒

𝑒
− 1

)
− (1 − 𝛼)

(
𝑛

|𝑆 | − 1
)
, (1)

which is defined for non-empty slices and otherwise assumed negative. The score of X is
zero, and all positive scores are interesting problematic slices.

Slice Finding Problem: Given the input feature matrix X, the error vector e, and a user-
provided integer 𝐾, the problem is then to find the top-𝐾 slices TS (ordered by 𝑠𝑐) from
the lattice L of all slices. Inspired by frequent itemset mining, we establish the additional
minimum-support constraint |𝑆 | ≥ 𝜎.

SliceLine Algorithm: The SliceLine enumeration algorithm then exploits the mono-
tonicity property of slice sizes and total errors in order to efficiently find the exact
solution to the above search problem. For example, the size of the slice {venue=BTW AND
location=Bamberg} is guaranteed to be smaller than or equal to the minimum size of

3 Apache SystemDS SliceLine: https://github.com/apache/systemds/blob/main/scripts/builtin/sliceLine.dml
4 Sliceline Python library: https://github.com/DataDome/sliceline
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Fig. 1: Example Lattice, Slice Properties, and Pruning (blue and red indicate enumerated and evaluated
slices, while white slices—and all slices reachable from them—are pruned before evaluation).

{venue=BTW} or {location=Bamberg}. The linear-algebra-based algorithm—which uses
cumulative aggregates [BER19] for preprocessing—then iterates through the 𝑚 levels of
the lattice L enumerates and prunes candidate slices, and evaluates all candidates per lattice
level in a single matrix multiplication with the one-hot-encoded X. Figure 1 shows an
example lattice with highlighted enumerated candidate slices (blue and red) as well as
actually valid slices (blue). Invalid slices are either violating the min-support threshold or
the upper-bound scores (and thus, their reachable slices cannot qualify for the top-K either).

2.2 Incremental Slice Finding

Incremental slice finding addresses the challenge of repeatedly executing SliceLine on
slightly updated datasets and models. Figure 2 shows the overall pipeline, where we aim
to support both insertions of tuples (e.g., iterative data acquisition) as well as deletion of
tuples (e.g., learned sampling, dropping dirty data).

incrSliceLine(
   X,X’,e,e’, …, state) 

(e.g., data acquisition and sampling)

Data

X y  

 Model 
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                               Model 
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Top-K 
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Fig. 2: Context of Repeatedly Updated Data and Models (first invocation trains the model and performs
slice finding from scratch, subsequent invocations incrementally adjust the model and top-k slices).

Incremental Slice Finding Problem: Similar to the basic slice finding problem, our goal
for incremental slice finding is to find the top-𝐾 slices TS (ordered by 𝑠𝑐) from the lattice
L of all slices. Additionally, we want to minimize the number of unnecessarily evaluated



slices. In order to provide all context information of changes, we pass the original feature
matrix X, the original error vector e, the modified feature matrix X′ (after data changes)
and the modified errors e′ (after model retraining), as well as a list for state from previous
SliceLine invocations on X. To deal with insertions and deletions, we define X′ and e′ as:

X′ =

Δ−X
Δ𝑐X
Δ+X

 e′ =

Δ−e
Δ𝑐e
Δ+e

 (2)

where Δ−X comprises all deleted rows, Δ𝑐X comprises all unchanged rows, Δ+X comprises
all added rows. Accordingly, the original feature matrix X is equivalent to the concatenation
of Δ−X and Δ𝑐X (modulo changes in positions which we do consistently for X and X′).
The same notation also applies for the error vector e′. Note that after model adjustments,
the errors of unchanged tuples Δ𝑐e might have changed as well.

Two-Phase Algorithm Semantics: Executing an incremental slice finding algorithm should
yield exactly the same top-K results as the non-incremental algorithm. Furthermore, we
have to distinguish two phases of incremental slice finding:

1. Initialization: On the first invocation of incremental slice finding for a dataset, the
algorithm needs to perform a full slice finding from scratch, but simultaneous collect
intermediate results of the enumeration process as state.

2. Exploitation: For further invocations of incremental slice finding, the passed state
can be exploited for more efficiently computing the top-K set. While exploiting the
state, new state of the current run needs to be collected for future invocations.

3 Pruning Strategies

In this section, we first introduce our pruning principles and discuss the pruning strategies
separately before integrating them into the overall incremental SliceLine algorithm.

3.1 Pruning Principles

Our overall pruning principles—which largely influence the design of incremental SliceLine—
are summarized as follows:

• Correctness: All pruning strategies that are applied by default should be lossless,
that is, incremental SliceLine must produce exactly the same results as SliceLine
from scratch. Accordingly, we only prune slices (and slices reachable from there) if
we can guarantee that the pruning does not affect the top-K set.

• Incomplete State: The original SliceLine algorithm—and incremental SliceLine
during initialization—already applies a variety of pruning strategies (by size, by



upper-bound scores, by number of parent nodes) [SB21], which leads to the fact of
having only a small subset of slices actually being evaluated. During state collection,
we gather the enumerated slices and their statistics, but after updates of the dataset
need to robustly handle this incomplete state.

• Lightweight Pruning: Fundamentally, our goal is not to exploit all pruning op-
portunities possible but aim for a lightweight pruning, which is robust (in terms
of correctness and incomplete state) and practical (in terms of yielding end-to-end
runtime improvements compared to the fast, linear-algebra-based SliceLine).

Honoring these principles, we made the major design decision to use the skeleton of the
original SliceLine algorithm (with its existing pruning strategies and robust enumeration of
non-evaluated slices) and extend this algorithm with additional pruning strategies that can
be efficiently evaluated on Δ−X, Δ+X, Δ−e, and Δ+e (without unnecessarily accessing the
main, potentially very large, dataset Δ𝑐X) as part of the normal enumeration.

3.2 Extended Min-Support Pruning

The original min-support pruning exploits the apriori property that a slice can only be
frequent if all its parents are frequent (i.e., slice sizes are above the minimum-support
constraint). For basic (i.e., single-feature) slices, we simply compute these exactly via
ss0 = colSums(X)⊤ and prune every slice where ss0 < 𝜎. For enumerated slices of further
lattice levels, we compute the upper bound slice sizes ⌈|𝑆 |⌉ = min𝑝∈P |𝑆𝑝 | (as minimum of
its parent slice sizes), and prune slices below the min-support before slice evaluation.

P1 – Unchanged Slice Sizes: In addition to this existing size pruning, we exploit the exactly
known sizes of unchanged slices. Given the added tuples Δ+X, newly enumerated slice
candidates S at lattice level 𝑙, previously enumerated slices S (list of slice candidate matrices
per level of previous invocation), and statistics R (list of slice statistics matrices per level of
previous invocation), we prune candidates as follows (with ⊙ being a matrix multiplication,
pS = S[𝑙] the previous slice candidates, and pR = R[𝑙] the previous slice statistics):

i1 = ((colSums(Δ+X ⊙ pS⊤)⊤ == 𝑙) == 0) ∧ pR[4] < 𝜎
i2 = rowMaxs((S ⊙ pS[i1]⊤) == 𝑙) == 0
S′ = S[i2]

(3)

Intuitively, in the first line, we compute which previous slices are unaffected (i.e., do not
appear) in Δ+X and previously did not satisfy the min-support constraint. Utilizing this
indicator vector i1, we gather only these pruning candidates, and match them to new slice
candidates in i2. Finally, we simply select the subset of slice candidates that cannot be
pruned. Note that this pruning by unchanged size (or better not increased sizes) accesses
only the small delta data matrix Δ+X but not the large original data matrix Δ𝑐X.



Algorithm 1 GetMaxScoreAllFeatures
Input: num rows 𝑛, num features 𝑚, previous slices S, previous stats R, previous metaM
Output: vector of maximal scores scmax

1: scmax ← matrix(val = −∞, rows = 𝑚, cols = 1)
2: for all i in 1 to |S| do
3: pS← encode(S[𝑖],M[𝑖])
4: sc← score(R[𝑖, 4],R[𝑖, 2], e, 𝛼, 𝑛)
5: scmax = max(scmax, colMaxs(pS · sc)⊤)
6: return scmax

3.3 Extended Score Pruning

Furthermore, we make two extensions to the existing upper-bound score pruning where
upper bounds of slice sizes and errors are used to derive an upper bound score of a slice
(and transitively for any reachable slice).

P2 – Existing Top-K Scores: The original SliceLine uses the continuously improving
top-K set TK and its statistics TR for pruning by comparing the upper bound score of
slice candidates with the minimum score in the top-K set. As we find better slices, this
score pruning becomes more and more effective. Our extension is very simple. We take
the previous top-K slices and evaluate these few slices (but very good candidates) on the
modified dataset X′. This approach ensures much more effective pruning for basic (i.e.,
single-feature) slices and slice candidates in early iterations, where we otherwise would
still need to find good top-K slices. Pruning such early slices is very effective because they
eliminate all reachable slices along with them. For a seamless integration, we make the old
top-K set our initial top-K, which requires a modification of the maintainTopK function
to handle duplicates. Our vectorized operations sort the candidates descending by score and
slice ID, and subsequently eliminate adjacent duplicates via a shifted comparison.

P3 – Unchanged Slice Scores: Our second score pruning utilizes all previous intermediate
slice candidates. We aim to compute for every unchanged basic (single-feature) slice
the maximum score previously reached across all lattice levels. Algorithm 1 shows the
getMaxScoreAllFeatures function, which iterates over lattice levels, and computes
these maximum scores. First, we encode the (potentially ID-coded) slices into their one-hot
encoded representations, and score these slices using their size and error statistics—but
also the new average error e and number of rows |X′ |—in a vectorized manner. Second, we
broadcast these scores sc via an element-wise matrix-vector multiplication to all columns
(ones in the one-hot encoded slice representation) in order to finally, compute the max value
per column (feature) over all slices of this level. Finally, we utilize this scmax vector in order
to prune all unaffected ((colSums(Δ±X) == 0)⊤) basic slices if this maximum score is
below 0 (uninteresting slice) or the minimum top-K score.



3.4 Approximate Score Pruning

Inspired by the effectiveness of the pruning by maximally-reachable scores of unchanged
slices (P3), we devise another pruning strategy that generally applies to all modified
slices as well. However, this strategy is approximate as it only computes high-probability
maximally-reachable scores of changed, previously enumerated slices, but does not give
hard guarantees of not missing a newly qualifying slice (e.g., a slice that was previously
pruned due to not satisfying the min-support constraint).

P4 – Changed Slice Scores: In detail, we iterate over the previously enumerated lattice
levels like in Algorithm 1 in order to compute these “upper-bounds” scmax. In contrast to the
search for unchanged slices, we explicitly take the added and removed tuples and errors (i.e.,
Δ+X, Δ−X, Δ+e, and Δ−e) into account. We compute the size and error deltas as follows:

Δ+ss = rowSums((pS ⊙ Δ+X⊤) == 𝑙)
Δ−ss = rowSums((pS ⊙ Δ−X⊤) == 𝑙)
Δ+se = rowSums(((pS ⊙ Δ+X⊤) == 𝑙) · Δ+e⊤)
Δ−se = rowSums(((pS ⊙ Δ−X⊤) == 𝑙) · Δ−e⊤)

(4)

Subsequently, we compute the scores at the interesting points (ss − Δ−ss, se + Δ+se),
(ss, se + Δ+ss), (ss + Δ+ss, se + Δ+se), (ss + Δ+ss − Δ−ss, se + Δ+se − Δ−se) (exact slice),
as well as pick the maximum resulting score, and map the slice scores to maximum scores
per feature as in Algorithm 1, Line 5. Finally, we also include the true upper bound score of
the positive delta ss = colSums(Δ+X)⊤ and se = (Δ+e⊤ ⊙ Δ+X)⊤ of basic (single-feature)
slices. Together, this high-probability upper bound represents previously enumerated slices
exactly and close neighbors approximately. In order to give hard guarantees, we would need
to also collect all previously pruned slices and evaluate if these decisions still hold. Due
to many different pruning strategies and thus, complex integration, we made the design
decision to provide this approximate pruning strategy (as an optional configuration, not
enabled by default to ensure correctness) instead.

4 Incremental SliceLine Algorithm

Putting it altogether, we now describe the incremental SliceLine5 algorithm. Algorithm 2
shows the skeleton of the original SliceLine algorithm with the extension points for incre-
mental computation highlighted in blue. Note that the two-phase semantics of incremental
SliceLine—namely, initialization for initial state collection and exploitation of this state for
additional pruning—correspond to the first and subsequent invocations of this algorithm.

State Collection: During the first invocation of incremental SliceLine (intialization), there
are no major differences to the original SliceLine, except for state collection in Line 24. In
5 SystemDS incSliceLine: https://github.com/apache/systemds/blob/main/scripts/builtin/incSliceLine.dml

https://github.com/apache/systemds/blob/main/scripts/builtin/incSliceLine.dml


Algorithm 2 incSliceLine Enumeration Algorithm
Input: Feature matrix X0, errors e, 𝐾 = 4, 𝜎 = 32, 𝛼 = 0.5, ⌈𝐿⌉ = ∞
Output: Top-K slices TS, Top-K scores, errors, sizes TR

1: // a) data preparation (one-hot encoding X)
2: fdom← colMaxs(X0)⊤ // 𝑚 × 1 matrix
3: fb← cumsum(fdom) − fdom,
4: fe← cumsum(fdom)
5: X← onehot(X0 + fb) // 𝑛 × 𝑙 matrix
6: // b) initialization (statistics, basic slices, initial top-K)
7: 𝑒 ← sum(e)/𝑛
8: tkmin ← computeLowestPrevTK(X′, state, 𝛼)
9: [S,R,M] ← extract(𝑠𝑡𝑎𝑡𝑒)

10: scmax ← getMaxScoreAllFeatures(𝑛, 𝑚,S,R,M)
11: scmax ← getMaxChangedScoreAllFeatures(𝑛, 𝑚,X′, e′,S,R,M)
12: [S,R, cI] ← createAndScoreBasicSlices(X′, e′, 𝑒′, 𝜎, 𝛼, scmax, tkmin)
13: [TS,TR] ← maintainTopK(S,R,TS,TR, 𝐾, 𝜎)
14: // c) level-wise lattice enumeration
15: 𝐿 ← 1, ⌈𝐿⌉ ← min(𝑚, ⌈𝐿⌉) // current/max lattice levels
16: X← X[, cI] // select features satisfying ss0 ≥ 𝜎 ∧ se0 > 0
17: while nrow(S) > 0 ∧ 𝐿 < ⌈𝐿⌉ do
18: 𝐿 ← 𝐿 + 1
19: S← getPairCandidates(S,R,TS,TR, 𝐾, 𝐿, 𝑒, 𝜎, 𝛼, fb, fe)
20: S← pruneUnchangedSlices(S,S,R,Δ±X, 𝜎, 𝐿)
21: R← matrix(0, nrow(S), 4), S2← S[, cI]
22: for 𝑖 in nrow(S) do // parallel for
23: 𝑅𝑖 ← evalSlices(X, e, 𝑒, S2⊤

𝑖
, 𝐿, 𝛼)

24: state′ ← append(𝑠𝑡𝑎𝑡𝑒, S,R,meta) // state collection incl. pruned slices
25: [TS,TR] = maintainTopK(S,R,TS,TR, 𝐾, 𝜎)
26: return decodeTopK(TS, fb, fe),TR

detail, at every lattice level, we collect the slice candidates S, their meta data, and their
statistics R, where the latter contains slice scores sc, errors se, maximum errors sm, and
sizes ss. Not shown in the algorithm, the slices can be collected as shallow-copies of sparse
matrices (with 𝑙 non-zeros per slice at level 𝑙) or in ID-encoded form (single non-zero
per slice). Encoding during state collection and decoding slices during exploitation of this
state increases computational overhead but reduces memory consumption. The handling
of this state is robust to different domain sizes of X′. During subsequent invocations of
incremental SliceLine, we utilize this state for additional pruning. In order to facilitate
multiple subsequent invocations of incremental SliceLine, we collect both evaluated and
pruned slices with their respective exact or upper-bound statistics.

Min-Support Pruning: Besides the existing min-support pruning of basic slices in Line 12,
we added the extended min-support pruning of unchanged slices (P1) in Line 20. This
pruning strategy brings—as observed during experimentation with many datasets and
configurations—the number of evaluated slice candidates very close to the number of valid
slice candidates that pass the min-support threshold.



Tab. 1: Dataset Characteristics (𝑛 rows, 𝑚 features, 𝑙 one-hot encoded features).

Dataset 𝑛 (nrow(X0)) 𝑚 (ncol(X0)) 𝑙 (ncol(X)) ML Task

Adult 32,561 14 162 2-Class
Covtype 581,012 54 188 7-Class
KDD 98 95,412 469 8,378 Reg.

US Census 2,458,285 68 378 4-Class

Score Pruning: The extended score pruning is integrated in multiple parts of the algorithm.
First, we evaluate the old top-K slices (P2) in Line 8, exploit them (via tkmin) in create-
AndScoreBasicSlices for more effective upper-bound pruning in Line 12, make them
the initial top-K set in Line 13, and adapt the maintenance of the top-K set in Line 25
accordingly. Second, we compute the maximum reachable score of individual features
(P3) in Line 10 for very effective, additional pruning in createAndScoreBasicSlices,
which early on, eliminates many possible feature combinations that we otherwise would
need to enumerate. Finally, if optionally enabled, we compute high-probability upper-bound
scores scmax for all features via getMaxChangedScoreAllFeatures (P4) in Line 11,
which then allows pruning basic slices with scmax < max(0, tkmin).

5 Experiments

Our experiments study the end-to-end performance improvements of incremental slice
finding as well as details of the pruning effectiveness and robustness to different extends of
changes to the feature matrix and model. Overall, we find that our simple extended pruning
strategies together with efficient vectorized linear algebra operations yield substantial
runtime improvements of more than an order of magnitude.

5.1 Experimental Setting

HW Environment: We ran all experiments on a scale-out cluster node equipped with an
AMD EPYC 7443P CPU @ 2.8 − 4.0 GHz (24 physical/48 virtual cores), 256 GB DDR4
RAM @ 3.2 GHz (with 190 GB/s memory bandwidth), and 1×480 GB SATA SSD (system)
as well as 8 × 2 TB SATA HDDs (data). The software stack comprises Ubuntu 20.04.6,
Apache Hadoop 3.3, Apache Spark 3.5, OpenJDK 11 (with -Xmx200g -Xms200g), and
Apache SystemDS from the main branch (as of Jan 03, 2025).

Datasets and Algorithms: For seamless comparison and reproducibility, we utilize a subset
of the SliceLine datasets. Table 1 shows these datasets and their basic metadata in terms of
number of rows, number of columns, number of columns after one-hot encoding, and the
type of the ML task. For classification, we use multinomial logistic regression (multiLogReg)
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Fig. 3: Runtime Comparison of Incremental Slice Finding with Exact Pruning.

whereas for regression, we use linear regression (lm), which internally dispatches to lmDS
or lmCG if ncol(X) > 1,024. As preprocessing steps, we recode categorical features into
integer domain, bin numerical features with 10 bins each, and drop all ID columns.

5.2 End-to-end Slice Finding

Before studying the different components and pruning effectiveness of incremental SliceLine
in detail, we first conduct end-to-end runtime performance experiments on the different
datasets to validate that incremental computation indeed yields runtime improvements. We
report the average runtime of 10 repetitions.

Runtime Comparison: In order to measure runtime performance, we compare full SliceLine
from scratch, incremental SliceLine without previous state (initialization), and incremental
SliceLine with previous state. The latter incremental SliceLine invocation uses the same
dataset with a dozen additional tuples (last 12), which we held out on the first invocation. For
all datasets, we used the parameters 𝑘 = 10, 𝛼 = 0.95, 𝜎 = max(𝑛/100, 8), and tpSize = 16
(blocking for task-parallel slice evaluation). The maximum lattice level was unrestricted
for Adult, but set to 3 for Covtype and KDD98 and 4 for USCensus, respectively. Figure 3
shows the results as a mean of 10 repetitions (ignoring a first repetition for warmup and
reading the data). We observe that the initialization of incremental SliceLine shows very
similar performance to the original SliceLine due to lightweight state collection, and in
some cases slightly faster due to 12 tuples smaller data and few more refined script-level
implementation details. Most importantly, incremental SliceLine with state exploitation (on
the full dataset) then shows good runtime improvements from 1.7× (on Adult) to ≈ 4× (on
Covtype and KDD98). The most effective pruning strategies are the extended upper-bound
score pruning with the initial top-K set (P2) as well as the pruning of unchanged basic
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Fig. 4: Runtime Comparison of Incremental Slice Finding with Approximate Pruning.

slices according to their maximum reachable scores at all levels (P3). Interestingly, on even
smaller deltas (2 instead of 12 additional tuples), incremental SliceLine yields an order of
magnitude improvement on the Adult dataset (from 15s to 1.6s).

Approximate Pruning: For comparison, we also study the performance with enabled
approximate score pruning (P4), while all other parameters remained the same. Figure 4
shows the results, where we observe major improvements of incremental SliceLine from
3.9× (on USCensus) to 34× (on Adult). In these experiments and hundreds of unit tests,
approximate score pruning always yields the same top-K set (due to its high-probability
upper bounds), but this pruning strategy does not provide hard guarantees.

5.3 Micro-Benchmarks

We perform additional micro benchmarks to understand the properties of incremental
SliceLine regarding the impact of added and removed tuples as well as different pruning
strategies. These experiments are conducted on the smaller datasets Adult and Covtype,
default parameters remain unchanged, and we report the average runtimes of 5 repetitions.

Impact of Added/Removed Ratio: We evaluate the impact of the number of added rows
(or the ratio of addedX/totalX) on the total execution time of incremental SliceLine. We
increase this ratio while keeping the total size of the input matrix constant. For few added
tuples, we expect major runtime improvements by incremental computation. Figure 5 shows
the results for both the Adult and Covtype datasets as well as exact and approximate pruning.
On the x-axis, we increase the number of added tuples exponentially in [1, 16K]. First, for
Adult with all exact pruning techniques (see Figure 5(a)), we observe constant execution time
by SliceLine, substantial runtime improvements for very few added tuples by incremental
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Fig. 5: Runtime Comparison with Varying Number of Added Tuples.

SliceLine, and robust improvements up to thousands of added tuples. The initialization phase
of incremental SliceLine gets faster as we add more tuples because here the initial dataset
gets smaller (constant total size). On half the dataset, we see a drop to a third of the execution
time because of constant minimum support thresholds and thus, more effective pruning.
Second, for Covtype with exact pruning (see Figure 5(b)), we observe similar characteristics
except for the final phase because Covtype has more than an order of magnitude more rows.
Third, for both datasets with approximate pruning (see Figures 5(c) and 5(d)) there are
substantial additional improvements by incremental SliceLine. For example, on Adult, the
very fast execution for few added tuples extends until 1,024 tuples. Finally, changing the
number of removed tuples shows very similar characteristics compared to these results.

Varying Input Sizes: In additional to the ratio of added/removed tuples, the benefits
of incremental computation also depend on the total size of the input feature matrix.
Accordingly, Figure 6 shows the execution time of SliceLine and incremental SliceLine
for increasing data sizes. We replicated the Adult dataset, and keep the ratio of added
tuples and relative min-support constant. Here, we observe that the relative improvements
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Fig. 6: Runtime Comparison with Increasing Data Size.

of incremental SliceLine slowly increase as we scale from replication factor 1 to 10. We
attribute this scaling to the fact that the pruning techniques only perform computation in
the size of slices and feature lattice, but can eliminate unnecessary computation (pruned
slice evaluation) on the full dataset. The slight improvements of the initialization run of
incremental SliceLine is again due to a few more refined script-level implementation details
and efficient state collection in lists which require only shallow-copies.

Enumerated and Valid Slices: We further compare the pruning capabilities of SliceLine
and incremental SliceLine in terms of enumerated and valid slices across all lattice levels.
The number of enumerated slices is measured right after the evaluation of slices. Afterward,
a pruning step filters out slices not adhering to the error and size pruning conditions. This
comparison of the evaluated and valid slices allows understanding the pruning potential and
pruning effectiveness. Figure 7 shows for different numbers of added tuples (from top to
bottom), for each lattice level (from left to right) how many slices have been enumerated
(and are thus, evaluated on the dataset) and how many of these enumerated slices are in
fact valid slices that cannot be eliminated. Together the score (P2) and max-score (P3)
pruning techniques of incremental SliceLine eliminate slices early on, which also eliminates
reachable slices in subsequent lattice levels, and thus, substantially reduces the total number
of enumerated slices. Furthermore, we see a strong correlation between the number of
enumerated slices and yielded runtime improvements (compare Figure 5 from before),
indicating that additional computation for pruning does not cause major overheads.

Impact of Pruning on Different Datasets: Finally, we return to our end-to-end benchmarks
with all four datasets and ML tasks and conduct an ablation study of pruning techniques.
Figure 8 shows the runtime performance in log-scale for SliceLine, incremental SliceLine
initialization, as well as six pruning configurations. From left to right, we compare (1) no
pruning, (2) only top-K score pruning (P2), (3) only min-support/size pruning (P1), (4)
only max-score pruning (P3), (5) all exact pruning techniques (P1-P3), and (6) all pruning
including approximate (P1-P4). We see a similar pattern as in the micro benchmarks:
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Fig. 7: Numbers of Enumerated and Valid Slices for Adult with Exact Pruning (Init refers to IncSliceLine
initialization which enumerates as many slices as SliceLine, while Inc refers to Incremental SliceLine).

• P1: The extended min-support pruning usually only yields minor improvements
because this technique only skips the evaluation of individual enumerated slices.

• P2: The extended score pruning is usually very effective (all datasets).

• P3: The pruning by maximum unchanged slice scores provides substantial additional
improvements on multiple datasets (Adult, Covtype, and KDD).

• P4: The approximate pruning gives additional major improvements on all datasets,
but does not provide correctness guarantees.
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Fig. 8: Runtime Comparison of Incremental Slice Finding with Different Pruning Strategies.

Accordingly, Incremental SliceLine uses by default all exact pruning strategies, and allows
users to optionally also enable the approximate pruning. If the number of changes are small,
we recommend to use approximate pruning without any hesitation.

6 Related Work

Beyond the already covered work on slice finding and data coverage, incremental SliceLine is
related to incremental query optimization, incremental view maintenance, incremental linear
algebra operations, incremental frequent itemset mining, and clustered model specialization.

Incremental Query Optimization: For multi-objective optimization problems (e.g.,
query execution time, time to first tuple, and memory consumption), there is also work on
incremental query optimization [TK15]. In this work, intermediate solutions of incrementally
refined optimization problems are reused across invocations. In contrast to changed
optimization problems, incremental slice finding deals with changed datasets.

Incremental View Maintenance: In the context of data warehousing [Le03], the incremental
maintenance of materialized views is a well-studied problem [BLT86, GL95, Ka15, Sv23].
Traditionally, we distinguish eager, lazy, and deferred maintenance [ZLE07], where eager
and lazy require incremental maintenance. The delta tuples are first propagated to a view
delta and subsequently applied (joined and updated) to the view [Le03]. Recent work utilizes
viewlet transforms and parallelization [Ah12], ID delta sets [Ka15] and schema information
[Sv23] for faster incremental maintenance. In contrast to propagating base table changes to
materialized views, we deal with a more complex top-K search in the lattice of slices.

Incremental Linear Algebra: Ideas of incremental maintenance have also been applied to
linear algebra programs. LinVIEW [NEK14] preserves key intermediates—of algorithms



like ordinary least squares and matrix powers—in order to facilitate incremental updates for
delta matrices. LIMA [PRB21] supports lineage-based, full and partial reuse of intermediates
in linear algebra programs, which enables incremental processing in iterative algorithms like
step-wise feature selection. Finally, some of these incremental maintenance ideas (positive
deltas) have been applied for machine unlearning (negative deltas) [Sc20]. Although partial
reuse would also apply to incremental slice finding, such reuse is general-purpose and thus,
unable to exploit the full potential (e.g., extended score pruning).

Incremental Slicing Alternatives: The existing work on finding slices of tabular data
where a model substantially underperforms [Ch19, Ch20, TW21, SB21] do not allow for
incremental computation. However, alternatives to full-fledged slice finding on the lattice of
attribute conjunctions are decision trees [Ch19, Ch20] and clustering according to prediction
errors. These alternatives do not allow for overlapping slices—where an instance can appear
in multiple slices—but existing incremental strategies apply. First, in the context of machine
unlearning from above [Sc20], the follow-up work HedgeCut [SGD21] extended extremely
randomized trees (ERTs) to incrementally remove tuples by quantifying the robustness of
split decisions. Such ideas can be extended for incremental refinements (added/removed
tuples) of widely-used decision trees and random forests. Second, work on discovering and
explaining slices of multi-model data (e.g., images, audio) aim to find coherent clusters
where the model makes systematic prediction errors [Ey22, d’22].

Incremental Frequent Itemset Mining: Frequent itemset mining, and the related associa-
tion rule mining, have been well-studied [AIS93, Sc14]. From a database of transactions
(each containing items), we aim to find the itemsets that frequently appear together and satisfy
a minimum support threshold. The major algorithm classes are Apriori [AS94] (horizontal
data layout), Eclat [Za97] (vertical data layout), and FP-Growth [HPY00] (tree-based layout).
These algorithms exploit the apriori property that itemsets can only be frequent if all their
subsets are frequent. Recent work on incremental frequent itemset mining and association
rule mining [TK21] leverages FP-Growth and existing index structures in order to quickly
index and mine new transactions. In contrast, we focus on data in matrix representations
and linear-algebra-based slice finding for easy parallelization and deployment.

Clustered Model Specialization: A loosely connected area is clustered model specialization.
Instead of repeatedly running data acquisition, model training, and model debugging, one
could split the data into groups and learn specialized models per group. We discuss two
examples. First, clustered classification [An20, Tr23, Hi23] uses clustering to group training
instances, and then trains specialized models for individual groups. This method can yield
very good results, but requires hyper-parameter tuning and building and deploying an
ensemble of models. Second, clustered federated learning [SMS21] trains a model on all
client data to convergence (gradient close to zero), and as a post-processing step, clusters
gradients of clients in order to find groups with similar data distribution, and then fine-tunes
separate models for these subgroups. In contrast to these ensemble strategies, we aim provide
incremental model debugging for building a single model.



7 Conclusions

To summarize, we introduce incremental SliceLine an efficient incremental algorithm for
finding the top-K worst slices (where an ML model underperforms) under iterative updates
of the dataset and model. Key strategies include systematic state collection, additional
min-support and score pruning strategies, and an extended linear-algebra-based slice finding
algorithm. We draw three fundamental conclusions. First, the additional pruning yields
substantial reductions in the number of enumerated slices and thus, execution time. Second,
together warm-starting for ML model retraining and incremental slice finding enable many
new use cases of iterative model debugging during data discovery and sampling. Third,
the cleanly extended linear-algebra-based SliceLine algorithm preserves its vectorized
formulation which makes it easy to parallelize and deploy in local, distributed, and federated
environments. Interesting future work includes tuning SliceLine and incremental SliceLine
for federated environments [Ba21] and modern HW accelerators; as well as deploying and
specializing them in data-centric ML pipelines with data discovery, data cleaning, and
learned sampling, augmentation, and quantization.
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